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We consider a left noetherian ring R. We give a necessary and sufficient condition in order that a complex of R-modules

be DG-injective. Using this result we prove that if (Ki)i∈I is a family of DG-injective complexes of left R-modules and

K is the ℵ1-product of (Ki)i∈I (i.e. K ⊂ Πi∈IKi is such that for each n, Kn ⊂ Πi∈IK
n
i consists of all (xi)i∈I such that

{i| xi 6= 0} is at most countable) then K is DG-injective.

We also consider the ℵ0-product of a family of DG-injective complexes i.e. the direct sum. We give a necessary

condition in order that every direct sum of DG-injective complexes over a left noetherian ring be DG-injective. We use

this result to prove that if R is a commutative local artinian ring then every direct sum of DG-injective complexes is

DG-injective if and only if gl.dim R < ∞. We show that the result holds for any commutative artinian ring. (Received

September 25, 2004)

1


