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We study the nonlinear boundary value problem

(φ(u′))′ + f(t, u, u′) = 0, t ∈ (0, 1),

u(0) = g(u(t1), u
′(t1), u(t2), u

′(t2), . . . , u(tm), u′(tm)),

u(1) = h(u(t1), u
′(t1), u(t2), u

′(t2), . . . , u(tm), u′(tm)),

where φ, f , g, and h are continuous and yφ(y) > 0 for y �= 0. Sufficient conditions are obtained for the existence of

solutions of the above problem based on the existence of coupled lower and upper solutions, which are defined in this

paper. Explicit conditions are also found for the existence of solutions of the problem without assuming the existence

of coupled lower and upper solutions. Moreover, applications of the results are presented, in particular, we study the

existence of radial solutions of a class of qusilinear equations in annular domains. Our results extend and improve some

recent work in the literature on boundary value problems for ordinary and partial differential equations.
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