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Suppose α1, . . . , αn are linear functionals on C� and λ ∈ (C∗)n. We study the critical locus Σλ of the function Φ =
∏n

i=1 αλi
i

in relation to the C-algebra A generated by the 1-forms ωi := dαi/αi. Conjecturally, if the pth cohomology Hp(A,ωλ)

of A relative to multiplication by ωλ =
∑

i λiωi is nonzero, then Σλ has codimension at most p. We prove this in the

case � = 3 using recent results of Falk and Yuzvinsky on multinets and pencils of curves. We extend the � = 3 result,

in a weaker form, to arbitrary �, in the special case where p is minimal with Hp(A,ωλ) �= 0, and some nonzero element

of Hp(A,ωλ) is represented by a decomposable p-form. We indicate a potential alternate approach to these results via

“tropical implicitization.”
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