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We define two invariants on graphs that represent graph properties in depth. Among our results, we show that if G is a

connected multigraph with e edges and no vertex of degree 1, and if f : G → R is L1-integrable with
∫

G
f dµG = 1 then

for any 0 < r ≤ 1/e there exists a connected subset U of size r such that
∫

U
f dµG = r. (Received September 25, 2006)
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