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Let us consider in RN+1 the 2nd order linear operator

L =
m∑
j=1

Xj +X0 − ∂t.

The Xj ’s are smooth vector fields in RN . Let Y := X0 − ∂t and L0 =
∑m

j=1Xj +X0.

We assume:

(H1)With respect to a suitable dilation group, X1, . . . , Xm are homogeneous of degree one, whereas Y is homogeneous of

degree two.

(H2)Every couple of points (x, t), (x, τ), with t > τ , can be connected with an oriented admissible curve

Theorem 1. Every a non-negative entire solution to Lu = 0 is constant if u(0, t) = O(tm) as t goes to infinity.

Corollary 2. Every non-negative entire solution to L0u = 0 is constant.

Assume L is left traslation invariant on a Lie group. Then:

Theorem 3. Let u be a non-negative solution to L0u = 0 in the halfspace t < 0. Then u(x, t) goes to its infimum as t

goes to −∞.

If u is continuous up to t = 0 and u(x, 0) = O(|x|m) at infinity, then u is constant.
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