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Balogh, Manfredi and Tyson (2003) found the sharp constant A(G) in the conformally invariant Moser–Trudinger in-

equality on Carnot groups G of homogeneous dimension Q, as follows: the inequality

sup
Ω,f

1

|Ω|

∫
Ω

exp(A|f |Q/(Q−1)) <∞

holds with A = A(G), where the supremum is taken over all domains Ω ⊂ G with finite Haar measure and all elements

f of the horizontal Sobolev space HW 1,Q(Ω) with ∫
Ω

|∇Gf |Q ≤ 1,

while for each A > A(G) the supremum is infinite. In this talk, we discuss sharp constants for weighted Moser–

Trudinger inequalities on groups of Heisenberg type, where Haar measure is replaced by certain measures which are

absolutely continuous with respect to Haar measure, with weights which are radial homogeneous with respect to the

first-layer coordinates of G. The proofs use sharp Young’s inequalities for corresponding weighted convolution operators.

As applications, we prove some sharp weighted Moser–Trudinger inequalities for x-symmetric functions on Grushin

spaces. (Received September 14, 2004)
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