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New notions of Siamese objects (Siamese association schemes, Siamese color graphs, Siamese Steiner systems, etc.) were

recently suggested by the authors. These objects are closely related to generalized quadrangles of order q. A first

systematic investigation was arranged in the Ph.D. thesis of the second author. Here, we report on recent findings which

reflect a far deeper understanding of already achieved results.

Up to isomorphism, there are exactly two Siamese color graphs on 15 points. Among the numerous such graphs

on 40 points we pay special attention to one which is related to the unique embedding of generalized quadrangle W (3)

into projective space PG(3, 3). An investigation of the similarities and differences between Siamese association schemes

(and, more generally, Siamese color graphs) on small numbers of points allows us to approach a characterization of an

infinite series of what we call “classical” Siamese objects. These are described in terms of unique embeddings of W (q) to

PG(3, q). (Received February 01, 2005)
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