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Let G be an absolutely simple simply connected algebraic group over a global field K, S be a subset of the set V K

of valuations of K containing all archimedean valuations, and O(S) be the ring of S-integers in K. The congruence

subgroup problem for the group of S-integral points GO(S) boils down to computation of the congruence kernel CS(G)

which is defined as the kernel of the natural homomorphism Ĝ → G, where Ĝ and G are the completions of the group

GK with respect to the topologies generated by the systems of all subgroups of finite index in GO(S) and all congruence

subgroups corresponding to nonzero ideals a ⊂ O, respectively. If CS(G) is finite then GO(S) issaid to have the congruence

subgroup property. It is known that the finiteness of CS(G) is (basically) equivalent to its centrality, i.e. to the fact that

CS(G) ⊂ Z(Ĝ). I will report on a proof of centrality of CS(G) in the case where V K \ S is finite (semi-local case) and

describe some applications of this result to the most interesting case of finite S. (Received January 12, 2005)
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