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The Cayley-Poincaré model of the Lobachevsky´s non-Euclidean geometry yields naturally a distance that can be repre-

sented as a logarithmic oscillation. Dan Barbilian (1895 - 1961) established a theory of metric spaces endowed with this

distance. Recent results connect the geometries with constant Gaussian curvature to the Barbilian spaces and emphasize

how Barbilian distances yield generalized Lagrange metrics irreducible to Lagrange, Finsler or Riemann metrics. Our

work presents the history of the developments of these mathematical ideas from the first half of the twentieth century

until today. (Received December 28, 2004)
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