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We present a novel, simple way of identifying sub-Gaussian random variables and fields, and provide applications to the
sharpest estimates to date for the large-time exponential behavior of the linear multiplicative stochastic heat equation,
i.e. the almost-sure Lyapunov exponents for the stochastic Anderson model in continuous space. We also discuss the same
problem for an Anderson model with medium-range- or long-range-dependent noise in time, and for a related polymer
model in a large-temperature regime.

Malliavin derivaties are used to establish sub-Gaussian concentration; the method should be extendable far beyond
this type of tail decay. Quantitative estimates are obtained via sub-Gaussian supremum analysis, both by hand” and
using Dudley-type results, by bounding the expected logarithm of the Anderson model above and below; they should also
be easily generalizable. After 15 years of research, we believe the essentially disjoint combination of these two ingredients
is the most efficient for SPDE Lyapunov exponent estimation, as it best connects such exponents to the driving noise’s
spatial regularity.
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