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Given a natural number n, a reduced τn-factorization of an integer a is a factorization of the type

a = a1a2 . . . ak,

where a1 ≡ a2 ≡ . . . ≡ ak mod n and ai 6= ±1 for all 1 ≤ i ≤ k. With these generalized factorizations new irreducible

elements emerge. For example, for n ≥ 2, 6 = 2 · 3 has no nontrivial reduced τn-factorizations. The analogue of the

Fundamental Theorem of Arithmetic, that any positive integer has a unique reduced τn-factorization into these new

irreducibles, fails in the existence part for most n. For the remaining n, the uniqueness of the factorization is not

guaranteed. (Received September 24, 2012)
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