
Contents

Preface v

Preface to the original IMPA edition vii

Introduction 1

Chapter 1. The Ramsey–Dvoretzky–Milman phenomenon 11
1.1. Finite oscillation stability 11
1.2. First example: the sphere S∞ 18
1.3. Concentration of measure on spheres 21
1.4. Dvoretzky’s theorem 27
1.5. Second example: finite Ramsey theorem 33
1.6. Counterexample: ordered pairs 37

Chapter 2. The fixed point on compacta property 39
2.1. Extremely amenable groups 39
2.2. Example: the unitary group 43
2.3. Example: the group Aut (Q,≤) 45
2.4. Counterexample: the infinite symmetric group 46

Chapter 3. The concentration property 49
3.1. Equivariant compactification 49
3.2. Essential sets and the concentration property 51
3.3. Veech theorem 55
3.4. Big sets 58
3.5. Concentration property of S∞ 62
3.6. Groups of operators with uniform topology 70

Chapter 4. Lévy groups 75
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