
Contents

Preface ix

Introduction 1

Chapter 1. Descriptive set theoretic background 7
1.1. Polish spaces 7
1.2. Pointsets. Borel sets 8
1.3. Projective sets 10
1.4. Analytic formulas 10
1.5. Transformation of analytic formulas 12
1.6. Effective hierarchies of pointsets 13
1.7. Characterization of Σ0

1 sets 14
1.8. Classifying functions 15
1.9. Closure properties 16

Chapter 2. Some theorems of descriptive set theory 19
2.1. Trees and ranks 19
2.2. Trees and sets of the first projective level 22
2.3. Reduction and separation 23
2.4. Uniformization and Kreisel Selection 24
2.5. Universal sets 27
2.6. Good universal sets 29
2.7. Reflection 30
2.8. Enumeration of ∆1

1 sets 31
2.9. Coding Borel sets 33
2.10. Choquet property of Σ1

1 and the Gandy–Harrington topology 34
2.11. Sets with countable sections 36
2.12. Applications for Borel sets 38

Chapter 3. Borel ideals 41
3.1. Introduction to ideals 41
3.2. Reducibility of ideals 41
3.3. P-ideals and submeasures 43
3.4. Polishable ideals 44
3.5. Characterization of polishable ideals 45
3.6. Summable and density ideals 47
3.7. Operations on ideals and Fréchet ideals 49
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