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Consider the classic Liar sentence: “This sentence is false.” It claims
that it is false. So if we assume that a sentence is true if and only if
what it claims is the case, then the Liar is true if and only if it is false.
People have thought about this paradox for centuries. Despite this, there
is no single standard “solution.” An attempted resolution of the paradox
would tell us which of our intuitions are sound and which need further
clarification. It would point out where and why our naive reasoning leads
us to a contradiction.

Modern logic applies mathematical methods to the modeling and study
of truth, proof, computation, and infinity. The paradoxes of semantics and
set theory were important in the development of the field. The reason for
working on the paradoxes of any field is not only to secure a foundation.
The deeper reason is that by introducing, discarding, and clarifying the
concepts that lead to paradox we are lead to the central ideas and questions
of the field.

We see from The Liar that the paradoxes are still a source of inspiration
in logic. The book is a new, exciting contribution to the study of truth. Its
ideas might become important in the intense discussion of foundational
issues in semantics by philosophers, linguists, logicians, and computer sci-
entists. It can be read not only as a contribution to the philosophy of
language, but also as an interesting application of a new theory of sets. It
contains interesting theorems, and in turn it will stimulate purely mathe-
matical work. What I plan to do here is to discuss some earlier responses
to the Liar and also Barwise and Etchemendy’s proposal concerning it. Of
course, I will be unable to do either of these in much detail. In addition, I
will comment extensively on the set-theoretic foundations of Barwise and
Etchemendy’s work because they are mathematically significant.

The basic elements of the Liar sentence are self-reference, negation, and
truth. Each of these concepts is delicate and controversial; interaction of
all three makes the Liar the challenge that it is. Furthermore, each could
conceivably motivate its own treatments of the paradox. For example, one
might feel that the central problem with the Liar is its self-reference. (Bar-
wise and Etchemendy use the term circularity.) Of course, to do this ef-
fectively, one has to face the fact that there are sentences making use
of self-reference, for example this one, which are nonparadoxical. Still,
the self-referential aspect of the Liar seems to be part of what makes it
humorous. And one can envision treatments of the Liar in which the self-
referential aspect is prominent. However, it should be mentioned that there
are Liar-like paradoxes in which the self-referential aspect is not so plainly
syntactic as in the Liar sentence. An example, derived from Kripke [7]
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might be where two people engaged in an argument each say, “Everything
you say is false.” The circularity here is a feature of the entire discourse,
not of any single sentence.

It is possible to look instead to negation as the source of paradox. The
idea here is that negation is more complicated than it seems at first glance,
much more complicated than the simple treatment of standard logic would
have it. Early on, Bochvar [4] gave a treatment of the Liar which used
three-valued logic to say that the Liar has the truth value “meaningless.”
A problem with this is that the paradox could resurface in the form of the
Strengthened Liar: “This sentence is either false or meaningless.” (Think
about it.) More seriously, it would be necessary to state clearly why the Liar
should be meaningless. Ad-hoc reasoning concerning the Liar is disapoint-
ing because one has the feeling that a deeper and more useful analysis of
the problematic concepts is possible. Despite the difficulties with Bochvar’s
proposal, we will see other ways in which facts concerning negation can be
profitably applied to the Liar.

The most influential work on the Liar is based on the assumption that
truth is the problematic concept. Tarski [10] holds that the lesson of the
Liar Paradox is that if natural languages contain their own truth predi-
cate, then they are incoherent. (Despite this negative assessment, Tarski
made proposals concerning the definition of truth in formal languages. His
positive contribution in this area is fundamental to modern logic.) Nev-
ertheless, his work allows one to isolate a fragment of language which is
big enough to be interesting but small enough to be unaffected by the Liar
paradox. Simplifying and distorting his position somewhat, the idea is that
declarative sentences of a language come in an infinite hierarchy. The bot-
tom level is the “object language” consisting of simple sentences which
don’t involve a predicate of truth. Next comes the “metalanguage” con-
taining the object language together with sentences which assert that object
language sentences are true or false. And after that comes the “metameta-
language” and so on. This way of looking at things leads to the view that
the Liar sentence is ambiguous (or rather has representatives on all of the
levels). For example, the first representative is the sentence “This sentence
is not true-in-the-object-language.” This sentence does not even belong to
the object language; therefore it is true. It should be noted that the Liar as
we normally think of it simply would not occur in the hierarchy since it
involves the truth predicate for a class of which it is a member. This ap-
proach avoids the paradox by a device which is artificial (though clever).
This is a reason to be dissatisfied with it. For other reasons, cf. [6, 7], and
The Liar.

Kripke [7] also proposes a solution in which an analysis of truth is cen-
tral. He consider a single language which contains a truth predicate. Now a
language always has many possible interpretations. In the case at hand, an
interpretation involves a space of sentences and a partial function from the
sentences to truth values. (This use of partiality is a novelty.) Kripke makes
use of sequences of interpretations. The first interpretation has the truth
function completely undefined. The farther out in the sequence we get,
more and more sentences are true, and more and more are false. Kripke
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argues that our intuitions are best modeled by an interpretation which is
the limit of some such sequence. He constructs various sequences, includ-
ing a natural one in which the Liar sentence has no truth value. And there
is no predicate of “having no truth value” threatening a strengthened Liar.
Kripke’s work also enables one to give an explanation of what makes the
Liar different from the Truth-teller sentence “This sentence is true.”

I should mention two good sources which greatly expand on what I have
so far only touched on. For a general survey of theories of truth and for an
examination of the work of Tarski and Kripke, one should see Chapters
6-8 of the fine book by Haack [6]. In addition, Martin [9] is a collection of
papers which were written after and in many cases influenced by Kripke
[7].

Here is how Barwise and Etchemendy diagnose the Liar paradox:

However described, the reasoning that makes the Liar look
paradoxical has three distinctive stages. We first engage in
a piece of metalevel argumentation which shows that the
Liar cannot be true. Second, we objectify this conclusion
and assume it to be a feature of the world, a feature that
can influence truth and falsity. There is a clear move here
from the realm of semantic facts to the typically nonse-
mantic domain that our statements describe. The third
step involves using this newly discovered feature of the
domain of discourse as premise for a further piece of met-
alevel reasoning, reasoning that shows the Liar to be true.
Whence the paradox. (p. 175)

The cure they propose is to systematically keep track of the relevant facts
as during the stages of the argument. At each stage we have a situation, a
collection of facts. Before we consider the Liar sentence, we might suppose
that we are in some initial situation s. When we then consider the Liar,
we do not reason about some eternal sentence. What the Liar says to us at
that moment is, in effect, “On the basis of s, this is false.” Then we make
the first step above, and we see that this is false. The second step is the
subtle one. In it, we notice that our previous reflection has created a new
fact. Once again, this fact is not that the Liar sentence itself is false, but
rather that sentence quoted above is false. And in doing this we advance
to a new situation s’ which includes s and contains this new fact. At this
time, we can reconsider the Liar. But now there is no paradox because this
time it really means “On the basis of s, this is false.” Our reasoning has
changed the situation.

Now I turn to a short examination of the proposals that Barwise and
Etchemendy actually make. They work with a collection of conceptual
primitives which comes from work done in situation semantics. I shall
describe the web of concepts informally, but I make an important caveat.
Barwise and Etchemendy do not attempt in this book to justify their overall
view of the world. Instead, they build a model of their basic concepts.
Readers reluctant to embark on metaphysical excursions can happily stay
at home with precise definitions of mathematical objects. This makes the






