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In the beginning (or shortly thereafter) there were complex projective
surfaces. These algebraic subsets of P”(C) of complex dimension 2 were
extensively studied by Italian geometers, such as Castelnuovo, Enriques,
and Severi, during the late nineteenth and early twentieth century. It soon
became apparent that the key to understanding such surfaces is to study
the curves which they contain. Thus if X c P”(C) is a smooth surface,
one looks at the curves C C X; and, more generally, one looks at the
free abelian group generated by these curves, which is called the group
of divisors on X and is denoted

Div(X) = { > nclCl: nc € Z, almost all n¢ = o} )
CcCcX

Associated to a rational function f on X is its set of zeros and poles;
taken with multiplicities, these zeros and poles give a divisor. Two divisors
Dy, D, € Div(X) are called linearly equivalent if their difference D, — D,
is the divisor of a function.

Given two distinct curves C; and C, on X, one can count the number
of points where they intersect (with multiplicity, if the intersection is not
transversal). Extending this intersection index linearly to Div(X) gives the
intersection pairing

(, ): Div(X) x Div(X) — Z,






