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The reader has heard the cliché that algebraic varieties are the locuses
of solutions of polynomial equations; true as far it goes, but even in simple
cases, one can know a lot about the equations and almost nothing about
the solution set. Conversely, and more to the present point, even for a
variety having an extremely natural and simple description, writing out
the defining equations might be enormously expensive and unrewarding.

First of all, I want to give the flavour of toric ggometry with two simple
examples illustrating the main point, before discussing the background
and the content of Professor Oda’s very substantial book. Consider the
quotient C"/G of C" by a diagonalised group action

(X155 Xn) = (81(8)X15- - -, n(8)Xn),

where G is a finite Abelian group and ¢;: G — C* characters of G. This
quotient can be seen as an explicit affine variety: make a list of G- invariant
monomials, that is,

{x“‘ = Hx{”" }mi >0 and Hsi(g)’”" =1Vge G} ,

then write out all the multiplicative relations between the generators, and
finally, take these as the defining equations of a variety. Try it with

n=2 G=2/22 and (x,y)~ ({x,0%)






