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If every gth term in a power series/(z) =ao+aiz+ ■ • ■ with finite

radius of convergence is missing then/(z) has at least two singularities

on its circle of convergence (Mandelbrojt [l]). I proved more gener-

ally [2, Theorem l]:

// am = 0 for all m = ri, ■ ■ ■ , t> (mod q), k^3, where n, ■ ■ ■ , t*

for every divisor q' of q belong to max(&, q') different residue classes, then

/(z) has at least k + l singularities on its circle of convergence.

I wish to show here that this statement is not true for k = A and

& = 6. The case k = 5 remains open. It would be of interest to deter-

mine the minimum number v of singularities for given k, as well as

for given k and q. For prime q it is known [3] that pfeife+1.

The pertinent counterexample is

1 - z"
f(z) = - = 1 - z" + z"? - za+a» + ■ ■ ■ ,

1 — z"?

with q = aß and aß —a singularities on the unit circle. Let Ti, • » '* , T»

be the q— 7 numbers 0, • • • , q— 1 after deletion of 0, •• -, 7 —2

and a, where 2^yfía. If /3 = 3 then, for every proper divisor q' of q,

all residue classes are represented by q — q', ■ • • , q—1- However,

aß — a^k.

For given k, the choice of a (not exceeding k/2 and not dividing

k + 1) determines ß and 7 uniquely. Set a= [k/2], ß = 3, 7 = ¿/2 or

(k — 3)/2; then 7 = 2 excludes only k = l, 2, 3, 5.
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