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Abstract.   We prove that for a real Banach space A  the following

properties are equivalent:

(1) For every pair X, Y of Banach spaces such that X C Y, every compact

linear operator T: X -» A admits an almost normpreserving extension T: Y
-*A.

(2) The same as (1) but with dim X = 2 and Y = /¿.

Let G be the Banach space

G = {(x,y,z) £ /,3(A): x+y + z = 0).

It is easy to see that G is isometric to {(x,y, z) E /¿ (R): x + y = z) so we will

consider G as a subspace of both lx(R) and l^(R).

Let n be a natural number, n > 3. We say that a real Banach space A has

the n.2. intersection property (n.2.I.P.) iff for every family {B(a¡,r¡)}"=x of n balls

in A such that \\a¡■, — aß < r¡ + ij for all / and/, we have

ñ Bia„r¡) * 0.
i'=i

In [2] Hustad proved

Theorem 1. A has the 3.2.1.P. if and only if every operator T: G -* A admits

a normpreserving extension T: lx(R) -* A.

We also have

Theorem 2. A has the 4.2.1.P. if and only if every operator T: G —> A admits

a normpreserving extension f: ¡^(R) -* A.

Indeed, we see immediately from Theorem 4.6 of [3] and Lemma 4 of [1]

that each condition is equivalent to the following property of A: for every

x, y E A such that ||x|| < 2, ||^|| < 2, ||x - y\\ < 2, there exists

z E 5(0, l) n B(x, 1) n B(y, 1) n b(j^,^\.

Remark. Elliott and Halperin [1] went on to prove Theorem 2 in the case

dimA < oo.
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If we combine Theorem 2 with Theorem 6.1 of Lindenstrauss [4], then we

get

Corollary 3. For a real Banach space A the following statements are

equivalent:

(i) Every operator T: G—> A admits a normpreserving extension T: ¡^(R)
->A.

(ii) For every pair of Banach spaces X and Y with X E Y and every compact

operator T: X -> A and for every e > 0, the operator T admits a compact

extension T: Y -> A such that \\f\\ < (1 + e)||r||.
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