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A module M is called a qfd module, if for any submodule A ⊆ M , M/A has finite uniform dimension. Artinian and

noetherian modules are examples of qfd modules. Let R be a right hereditary ring, and let E be the injective hull of the

right R-module RR. For this ring R, the following problem still remains open:

Problem: Is R necessarily right artinian, if ER is finitely generated?

It is known that the answer to this question is yes if either ER is projective, or ER is finitely presented. In this talk

we will prove the following result.

Theorem. Let R be a right hereditary ring with the finitely generated right injective hull ER. Then the following

conditions are equivalent:

(a) R is right artinian;

(b) For each submodule A ( E, E/A contains a uniform qfd submodule.

Notice that if R is commutative, then we can remove ”qfd” in condition (b) of this theorem. We conjecture that we

can remove ”qfd” also for the non-commutative case. (Received March 01, 2004)
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