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The family of knots that lie as essential simple close curves on the fiber of a genus one fibered knot are Berge knots. The

set of volumes of the hyperbolic knots in this family is unbounded. Given such a knot K we develop an algorithm to

list all the closed essential surfaces in S3 − N(K). We then show that for every g ≥ 2 there exists knots in this family

with closed essential surfaces of genus g in their complement. These knots may be chosen to increase in volume (without

bound) as g increases. Furthermore, we exhibit hyperbolic knots in this family that are small, i.e. their complements

contain no closed essential surfaces. (Received March 02, 2004)
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