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A Schubert problem is one of counting the number of k dimensional linear subspaces of a vector space (or, more generally,

flags of such subspaces) which satisfy certain incidence conditions with respect to given “fixed” flags. The Shapiro

conjecture gives a sufficient condition for a Schubert problem to have all its (a priori complex) solutions real. It fails to

hold for flag manifolds, but in a very interesting way. We will describe a refinement of this conjecture for the flag manifold,

present massive experimentation in its favor, and discuss its implications and some new results it has inspired. (Received

February 14, 2005)
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