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Suppose that G is an odd order group with symmetric genus of the form 2k + 1 for an integer k or p +1 for an odd prime

p. Then G is the semidirect product of Zm by Zn, where m and n are relatively prime. The genus action is given by a

triangle group Γ(r, s, t) satisfying the condition |G| = lcm(r, s, t), except if G is the image of Γ(5, 5, 5) with genus p + 1

for p ≡ 1mod10. Unfortunately, there is no general relationship between the genus σ and the integers m and n. However,

in the case, Zn has a Sylow p-subgroup, that acts fixed point freely on Zm and G is not the image of Γ (5, 5, 5), then m

and n satisfy the equation

σ =

(
m − 1

2

)
(n − 2).

It is easy to show that for an odd order group G with genus of the form g = p + 1, the order of G satisfies 2(g − 1) ≤
|G| ≤ 5(g − 1). The metacyclic groups with odd order smaller than 1000 all have Sylow subgroups of Zn acting fixed

point freely on Zm. Thus for g < 200 of the form p+1, we can decide if g is the genus of any odd order group. (Received

February 22, 2005)
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