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(Communicated by Andreas R. Blass)

In [1] it has been proved that if two sets a and b satisfy the following
formula ¢ :

a#bra¢gbnrb¢an
(Vxea)Vuex)(ueb)A(Vx €b)(Vue x)(u€a)A(Vx €a)(x ¢ b)A
(Vx,yea)Vz,web)(zeExAXEWAWEY — z € YA
(Vx,yeb)Vz,wea)(zexAxXEWAWEY > z€Y),
then either ' Ca and w” Cb, or w Cb and w" C a, where w'={fn:ne
w}, ' ={gnew}, =0, g, ={f,....f,},and £, ={g, ... .8}
Since ¢ is satisfied by @' and ", ¢ is an example of a restricted purely

universal formula which is satisfiable but not finitely satisfiable.
On the other hand, the conditions
(@) a#b,
(b) (Wxea)(x ¢ b),
(c) (Vx,yea)Vz,web)(zexANxewAwey —»z€Yy),
(d) (Vx,yeb)Vz,weE€a)(zEXAXEWAWEY > 2ZE€Y),
are implied, assuming the axiom of foundation, by the following formula v :

atINb#DNag¢bAb¢an
(Vxea)Vuex)(ueb)A(¥x eb)(Vue x)(uea)
(Vx€ea)(Vyeb)(xeyvyex).

Therefore the formula (3a,b)w(a,b) also provides a formulation of the
infinity axiom. Note, however, that the two formulae are not satisfied by the
same pairs of objects; for example, the pair {®'}Uw', {0"}Uw" satisfies ¢
but certainly does not satisfy y , since neither o' € w” nor @’ € @' holds,
and the last conjunct in ¥ is not satisfied.
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