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MATHEMATICIANS

ERRATA

LEON A. TAKHTAJAN

Here I correct the proof of Corollary 1.2 in §1 of Chapter 2 and list some
other smaller corrections. I intend to update this file from time to time and
so welcome further comments.

Page 71, Line 5. Replace ‘finite measures’ by ‘’finite complex measures’.

Page 71. Clarification of the proof of Proposition 1.1. Instead of complex
measures µn one can use ‘ordinary’ measures µ̃n, defined as follows. Put
M = B2, where in accordance with (1.1), non-negative operator B is given
by

B =
N∑
n=1

√
αn Pψn .

Then µA(E) = Tr PA(E)B2 = TrBPA(E)B and

µA(E) =
∞∑
n=1

(BPA(E)Ben, en) =
∞∑
n=1

(PA(E)Ben, Ben) =
∞∑
n=1

‖PA(E)Ben‖2.

Thus we get

µA(E) =
∑
n=1

µ̃n(E),

where µ̃n are finite Borel measures on R defined by µ̃n(E) = ‖PA(E)Ben‖2,
and the proof of Proposition 1.1 goes without change.

Page 71, Line 17. Change the proof of Corollary 1.2 as follows. Define Borel
measures νn on R by νn(E) = (PA(E)Men,Men) = ‖PA(E)Men‖2. Since

∞∑
n=1

νn(E) = TrMPA(E)M = Tr PA(E)M2 =
N∑
n=1

α2
n(PAψn, ψn)

≤
N∑
n=1

αn(PAψn, ψn) = Tr PA(E)M = µA(E),
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we get ∫ ∞
−∞

λ2dνn(λ) ≤
∫ ∞
−∞

λ2dµA(λ) = 〈A2|M〉 <∞.

Thus Men ∈ D(A), i.e., en ∈ D(AM), and the result follows from the proof
of Proposition 1.1.

Page 71, Line 4 from the bottom. Replace An = fn(A) by An = Afn(A).

Page 89, Lines 14-16. Replace T by B.

Page 95, Last line. Replace
√
m

t
by

m

t
.

Page 140, Line 5. Replace At = C[[t]]⊗C A by At = A[[t]].

Page 156, Second line of equations in part (ii) of Theorem 2.1. Replace

lim
x→−∞

eikxf ′1(x, k) = −ik by lim
x→−∞

eikxf ′2(x, k) = −ik.

Page 207, Equation (6.10). Replace ϕ(q) by logϕ(q).

Page 207, Equation (6.12). In the left-hand side replace
(
∂

∂t
+
∂S0

∂q

)
by(

∂

∂t
+

1
m

∂S0

∂q

∂

∂q

)
.

Page 210, Line 3. Replace σ′2 � ~σ′′ by ~|σ′′| � (σ′)2.

Page 225, Line 6 from the bottom. Replace S3(S3 + I) by S3(S3 + ~I).

Page 229, Equation (3.5). Replace s(s+ 1)Φ by ~2s(s+ 1)Φ.

Page 233, Equation (3.8). Replace s(s+ 1)χmj by ~2s(s+ 1)χmj and mχmj
by ~mχmj .

Page 254. Clarification of the periodic boundary conditions in equation
(2.16). It immediately follows from the Euclidean version of (2.12) that

1
π~

∫
C
Un(ā, a;−iT )e−

1
~ āad2a

=
∫
· · ·
∫

Cn

e−
1
~

Pn
k=1(−āk(ak−1−ak)+H(āk,ak−1)∆t)e−

1
~ ānan

n∏
k=1

d2ak
π~

,

where one puts an = a = a0 and ān = ā = ā0. In the limit n→∞ one gets
equation (2.16).
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Page 258, Line 22. Replace

B1n−1 = Bn−11 =
1
an

=
sinnθ
sin θ

by

B1n−1 = Bn−11 =
1

an−1
=

sinnθ
sin θ

Page 292, Lines 14-15. Replace (1 + ε2α2
i ) by (1 + 2ε2α2

i ).

Page 297, Line 18. The statement of Theorem 2.1 should read: “. . . is the

conditional Wiener measure with the diffusion coefficient D =
~

2m
.”

Page 300, Line 10. Replace ‘bounded below’ by ‘bounded’.

Page 300, Line 12. Replace L~(q′, t′; q, t) by “L̃~(q′, t′; q, t) for the operator
H̃ = H0 − V ”.

Page 300, Equation (2.9). Replace Li~+ε(q′, t′; q, t) by L̃i~+ε(q′, t′; q, t).

Page 332, Line 18. Replace Φ̃α(θ) by Φ̃α(θ̄).

Page 337, Line 4. Replace α(T ) by αN .

Page 337, Lines 7-8. Clarification of the periodic boundary conditions in
the formula for Trs e−iTH . Same as on the page 254, where now one uses
Theorem 4.1 and Problem 4.2.

Page 346, Line 18. Replace dαn−1 = 0 by iV α1 = 0, dαn−1 = 0.
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