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Formulas for NK∗(R) for Q-algebras.

If R is commutative ring containing the rational numbers Q, we give a formula for NKn(R) = Kn(R[t])/Kn(R) in terms

of Hochschild homology of R and the cohomology of Kähler differentials Ωi for the cdh topology.

The answer is graded by the layers of the λ-decomposition in K-theory. Each layer is a countably infinite direct sum

of copies of a typical piece. If i < n, the typical piece for layer i is a Hochschild homology group of R; if i > n + 1, the

typical piece for layer i is the (i − n − 1)th cdh cohomology of Ωi−1.

As a consequence, we show that Kn(R) = Kn(R[t1, t2]) holds if and only if Kn(R) = Kn(R[t]) and Kn−1(R) =

Kn−1(R[t]). This will be used by Mark Walker in his talk about a question of Bass. (Received February 11, 2008)
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