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Given an n-tuple w = (w1, . . . , wn) of positive integers, we study the moduli space Mw of weighted n-tuples of points

on the projective line, modulo automorphisms of the line. The space Mw is obtained as a geometric invariant theory

quotient of (P1)n by SL2 using the line bundle Lw = O(w1, . . . , wn) = O(w1) � · · · � O(wn) over (P1)n. The projective

variety Mw has an explicit embedding into projective space.

We find that if each wi is an even integer, the projective coordinate ring Rw of Mw is particularly nice. The ideal of

Rw admits a quadratic Gröbner basis. Further, if each wi = 2 then Rw is Gorenstein, and Mw is a Fano variety.

All of these results are obtained by degenerating Rw into a toric algebra R′
w. The ideal of R′

w also has a quadratic

Gröbner basis, and R′
w is Gorenstein when each wi = 2. (Received August 07, 2007)
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