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In 1952, Erdős and Mirsky conjectured that there are infinitely many integers n such that d(n) = d(n+1). This conjecture

was proved by Heath-Brown in 1985. The same proof shows that Ω(n) = Ω(n + 1) infinitely often, where Ω(n) is the

number of prime power divisors of n. In 2001, Schlage-Puchta proved the corresponding conjecture that ω(n) = ω(n + 1)

infinitely often, where ω(n) denotes the number of prime divisors of n.

We recently proved that in any system of three linear forms satisfying obvious local necessary conditions, there are

at least two forms that are infinitely often products of exactly two prime factors. Using this result, we are able to give

proofs of the above results that are both simpler and sharper. For example, we can prove that there are infinitely many

integers n that simultaneously satisfy

ω(n) = ω(n + 1) = 4, Ω(n) = Ω(n + 1) = 5 and d(n) = d(n + 1) = 24

We can also prove similar results with n replaced by n + b for an arbitrary positive integer b. (Received December 16,

2008)

1


