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We investigate the existence of the minimal solution to some nonlinear elliptic variational inequalities defined on bounded
or unbounded domains. The strict monotonicity that guarantees the uniqueness of the solution and even the coercivity are
here violated. Using a regularization technique, by perturbing the concerned inequalities, we construct an approximating
family of elliptic variational inequalities defined on large cylindrical domains with new (strictly) monotone operators.
When the size of the cylinders becomes unbounded we get our variational inequalities which also means that the minimal
solution will be obtained as a limit of the solutions to the perturbed problems. For the unbounded domains case, we apply
the same argument to deduce the existence of nonnegative solutions and their minimal solution. Since the summability
of the data and solution is not ensured an adaptive definition of the variational inequality and its solution are provided.
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